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Abstract: Drops contained in an immiscible liquid phase are attractive as microreactors, enabling
sound statistical analysis of reactions performed on ensembles of samples in a microfluidic device.
Many applications have specific requirements for the values of local shear stress inside the drops
and, thus, knowledge of the flow field is required. This is complicated in commonly used rectangular
channels by the flow of the continuous phase in the corners, which also affects the flow inside the
drops. In addition, a number of chemical species are present inside the drops, of which some may be
surface-active. This work presents a novel experimental study of the flow fields of drops moving in a
rectangular microfluidic channel when a surfactant is added to the dispersed phase. Four surfactants
with different surface activities are used. Flow fields are measured using Ghost Particle Velocimetry,
carried out at different channel depths to account for the 3-D flow structure. It is shown that the effect
of the surfactant depends on the characteristic adsorption time. For fast-equilibrating surfactants
with a characteristic time scale of adsorption that is much smaller than the characteristic time of
surface deformation, this effect is related only to the decrease in interfacial tension, and can be
accounted for by the change in capillary number. For slowly equilibrating surfactants, Marangoni
stresses accelerate the corner flow, which changes the flow patterns inside the drop considerably.

Keywords: multiphase flow; drop microfluidics; rectangular channel; flow pattern; corner flow; sur-
factant dynamics; aqueous/oil interface; Langmuir isotherm parameters; characteristic
adsorption time

1. Introduction

Using microfluidic drops as microreactors is a rapidly developing area that enables
reaction studies and optimization using a statistically relevant number of reactors. This
platform enables tightly controlled conditions, with minimal cross-contamination and ad-
vective dispersion, whilst using small amounts of reagents [1]. This enables a considerable
reduction of the ecological impact of research and development, and potentially increases
the rate of production of new formulations. Drop microreactors have been successfully
used for activities including the measurement of kinetic constants of chemical and biochem-
ical reactions [2–4], drug–protein association constants [5], cell screening [6–8], synthesis of
nanoparticles [9–11] and hydrogel particles [12–14].

Precise control of flow fields, shear stresses and mixing inside the micro-reactors are
essential for many applications. The flow pattern is complicated, due to the combined
action of shear stresses from the wall and coupling of the flow fields between the dispersed
and continuous phases, even in simple geometries [15]. A large number of microfluidic
devices have a rectangular cross-section, in particular those made by soft lithography [16].
This causes additional complications because the continuous phase can move more slowly
in thin films near the channel walls and much faster in the corners (gutters), due to different
hydrodynamic resistances. Numerical simulations show that the presence of the corner
flow results in the smaller deformation and higher velocity of the drop in a square channel,
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compared with a cylindrical channel [17]. Theoretical analysis [18,19], carried out on a long
air bubble moving in a rectangular channel, predicts that the corner flow is dominant at
small capillary numbers (Ca), whereas plug flow is expected at large capillary numbers.
The same conclusion was made for a long drop moving under similar conditions using
numerical simulations [20].

Presentation of the first evidence of a corner flow exceeding the drop velocity was
given in [21], where the movement of bubbles in water inside a microfluidic channel with
rectangular cross-section was studied at values of Ca of O (10−3). The length of the bubbles
studied was 3 to 10 times the channel width. It was observed in [21] that a debris particle,
used as a tracer, moved through the corner gutter from behind the rear part of a bubble,
and then appeared at the front of the bubble.

The main method used to study flow fields in microfluidic drops is micro-particle
image velocimetry (µ-PIV) [22–28]. In most studies, flow fields were measured at the
middle plane of the channel. A thorough 3-D reconstruction of flow patterns inside a drop
moving through a rectangular channel (with an aspect ratio of 0.58) was carried out in [23],
using confocal µ-PIV when the ratio of dispersed phase viscosity, µd, to continuous phase
viscosity, µc, was equal to µd/µc = 0.23. Flow fields were measured for several horizontal
cross-sections and then the vertical components of the flow velocity were calculated from
the continuity equation. The flow was found to have a complicated 3-D structure, with
liquid near the walls moving more slowly than the drop, whereas the liquid in contact
with continuous phase in the corners moved faster than the drop. The methodology was
developed further using multicolor confocal micro-PIV [24], which enabled simultaneous
measurement of flow fields in both phases. The generalized distribution of surface stresses
(and surface flows) in the presence of corner flow is shown in Figure 1 [28].

Figure 1. Flow patterns/stresses on the surface of drop moving in a rectangular channel. Reprinted
from a study by Li et al. [28]. Copyright 2020, with permission from AIP Publishing.

3-D reconstruction of the flow in both phases was carried out in [25] for a drop moving
inside a near-square channel with a viscous dispersed phase (viscosity ratio 2.625). Under
these conditions, the velocity of the surface flow in contact with both films and corner
gutters was smaller than the drop velocity, with the velocity within the films being smaller
than within the gutters. In the middle plane of the channel, the flow field was composed of
two symmetrical convective rolls in the central part of the drop, due to interaction with thin
films of the continuous phase near the walls. Two pairs of smaller vortices were present at
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the front and the rear of the drop, due to interaction with the flow in the slugs of continuous
phase separating the drops.

Comparison of the results between [23–25] clearly indicates that the channel aspect
ratio and viscosity ratio are important parameters affecting the flow patterns inside the
drop. Different flow patterns were observed in [22] using a channel with an aspect ratio of
0.75 at the viscosity ratios of µd/µc = 0.12 and 0.78. Other important parameters are the
drop size [29], the volume fraction of the dispersed phase [30], and capillary number.

The effect of the capillary number on the velocity of a single drop with a length of
0.8 to 16 times the channel width, moving in a square channel, was studied in [26] over a
range of viscosity ratios. It was found that, at small capillary numbers, the flow field in
the middle plane comprised two symmetrical convective vortices occupying the whole
length of the drop, whereas, at large capillary numbers, a flow pattern comprising three
pairs of convective rolls was found, similar to that observed in [25]. The transition was
accompanied by a discontinuity in drop velocity. The threshold value of the capillary
number was O (10−3) and increased with a corresponding increase in the viscosity ratio. It
was suggested in [26] that transition does not take place if the viscosity ratio is greater than
unity. Two transitions in flow topology in the middle plane of a drop were found in the
case of a channel with an aspect ratio of 0.67, at values of Ca ~ 10−3 and Ca ~ 10−2 [27].
Similar to the square channel, threshold values of the capillary number increased with an
increase in dispersed phase viscosity, but the observed flow patterns were different. At
small values of the capillary number, the flow comprised two symmetrical vortices near
the walls and two pairs of vortices in the central part of the drop. For intermediate Ca, the
two vortices near the walls remained unchanged, but the flow in the central part did not
show recirculation patterns, being instead part of a 3-D flow pattern. Flow at large Ca was
characterized by a considerable increase in velocity in the central part of the drop [27].

The presence of a surfactant further complicates matters. Firstly, a surfactant reduces
interfacial tension between the phases, resulting in increased drop deformability that
changes the drop shape and thickness of the continuous phase films. The film thickness
is determined by the balance of the drag force from the channel wall and the capillary
pressure between the dispersed and continuous phase: the larger the value of capillary
pressure, the thinner the film [31]. Therefore, a considerable decrease in interfacial tension
due to surfactant addition results in a considerable increase in film thickness. Secondly,
due to the characteristic timescales in microfluidics, the acting interfacial tension can be far
from equilibrium. Thirdly, shear stresses imposed by the continuous phase can result in
surfactant redistribution and partial or complete retardation of the interface (Marangoni
stresses), changing the flow pattern at the interface and inside the drop. The essential
effect of Marangoni stresses on drop motion in a square channel was found in numerical
simulations for non-soluble [32] and soluble [33] surfactants.

The effect of surfactant redistribution over the interface is well-documented regarding
an air bubble rising in contaminated water [34–36]. As surfactant is swept by the flow from
the front part of the drop to the rear, this can result in partial or full surface retardation
and dependence of the bubble terminal velocity on surfactant concentration. A much
more complicated scenario is observed for a microfluidic drop moving in a rectangular
microfluidic channel. In this case, the surface stresses from the continuous phase are
strongly non-uniform, and surfactant is always swept to the rear of the drop by the flow in
the liquid films near channel walls but can be forced toward the front by the continuous
phase, bypassing the drop through the liquid corners.

It was shown in [21] that the presence of surfactant in the continuous phase can consid-
erably slow down bubble motion at moderate surfactant concentrations. This deceleration
was ascribed to retardation of the bubble surface, similar to the unconfined case. The
sweeping of surfactant to the rear of a long drop moving in a rectangular channel was
demonstrated in [37] by imaging a fluorescent surfactant.

In most studies on microfluidic drops or bubbles moving in a rectangular channel,
the surfactant was dissolved in the continuous phase [21,22,27,28,37] with the aim of drop
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stabilization and comparison between the surfactant-free and surfactant-laden case. Usu-
ally, surfactant concentration was fixed in these studies. In microfluidic reactors, surfactant
concentrations can vary over a broad range. To understand the effect of surfactants in
detail, several surfactants with different surface activity over a range of concentrations
must be studied. As identified in the above review, the behavior of surfactants within the
confinement of a drop can be very different from a surfactant in the continuous phase.
The detailed examination of the effect of surfactant added to dispersed phase on the flow
pattern inside this phase is the focus of this work. In this paper, the flow patterns inside
the dispersed phase are measured and compared for surfactant-free and surfactant-laden
drops. Two ionic and two non-ionic surfactants are studied, over a range of concentrations
below and above the critical micelle concentration (CMC).

2. Materials and Methods

The continuous phase used in this study was silicone oil, SO, (Sigma Aldrich, Salisbury,
UK, product number 378356). The dispersed phase used was a 52:48 w:w mixture of
ultrapure HPLC-grade glycerol (Alfa Aesar, Ward Hill, MA, USA) and double-distilled
water obtained from a water still (Aquatron A 4000 D, Stuart, FL, USA). Glycerol was
added to the dispersed phase to match the refractive index with the continuous phase, to
prevent optical distortions at the interface. The properties of liquid phases are listed in
Table 1. The uncertainty in interfacial tension is due to variations of the room temperature
of 22 ± 3 ◦C.

Table 1. Properties of continuous and dispersed phases.

Density
kg/m3

Viscosity
mPa·s

Interfacial
Tension, mN/m

Continuous phase: silicone oil 960 48

33.4 ± 0.4Dispersed phase: 52:48 w:w
glycerol/water 1133 6

Surfactants, decyltrimethylammonium bromide, C10TAB, (99%, Acros Organics,
M = 280.29 g/mol), dodecyltrimethylammonium bromide, C12TAB, (99%, Acros Organics,
M = 308.34 g/mol), Triton X-100, TX-100, (laboratory grade, Sigma Aldrich, product num-
ber X100, M ~ 625 g/mol) and Tween 20 (BioXtra, Sigma Aldrich, product number P7949,
M ~ 1228 g/mol) were dissolved in the dispersed phase. The range of concentrations
investigated was between 0.1 to 10 times the CMC. The surfactant presence did not affect
the viscosity of the dispersed phase in the studied concentration range.

Interfacial tension was measured using a force tensiometer Attension Sigma 701 (Biolin
Scientific, Espoo, Finland), equipped with a platinum Du Noüy ring. The measurement
was carried out for at least 1 h to make sure that the equilibrium interfacial tension was
achieved. The readings were taken every 2 min for measurement, up to 4 h, and every 3 or
5 min for longer measurements, to minimize the interface disturbance. Due to the very
slow equilibration rate, solutions of Tween 20 were agitated using a magnetic stirrer bar
(Fisher, diameter 4.5 mm, length 15 mm), at 30% of the maximum speed allowed by the
tensiometer during the measurement. Before each measurement, the surface tension of
water was measured under stirring with the same stirrer bar for 1 h to ensure the cleanliness
of the glassware and stirrer bar. To eliminate the effect of stirring on the results, the stirring
was switched off and the measurement proceeded without stirring for another hour. The
parameters of the Langmuir isotherm were extracted from the dependence of interfacial
tension on concentration, using the free software IsoFit [38,39] (see Section 3.2 below).
The dynamic surface tension of the surfactant solutions was measured using a maximum
bubble pressure tensiometer BPA-1S (Sinterface, Berlin, Germany).

The mold for the microfluidic device was prepared by photolithography using the neg-
ative photoresist SU-8 2075. To create a device by soft lithography, polydimethylsiloxane,
PDMS, (SYLGARD 184, Dow Corning) was mixed with the curing agent (10:1 w:w), cast



Colloids Interfaces 2021, 5, 40 5 of 21

on the mold, degassed in a vacuum chamber, cured at 70 ◦C for 3 h, and left overnight for
equilibration. Afterward, the replica was pulled off the mold and, after punching holes for
tubing, was sealed by a glass slide with a spin-coated and cured surface layer of PDMS of
the same composition. To get reliable contact, both parts were treated by corona discharge
for 2 min before sealing. The device was hydrophobized by filling it with Aquapel for
5 min at 80 ◦C. The residuals of Aquapel were removed by nitrogen stream.

A schematic of the microfluidic device is shown in Figure 2a. The rectangular channels
have a width, W = 346 ± 3 µm, and a height, H = 167 ± 3 µm, with the aspect ratio,
A = H/W = 0.48. Considering that PDMS is prone to swelling in silicone oil, the device
was kept filled with continuous phase for 1 week prior to use, but there was still a rather
slow decrease in the channel size afterward, reflected in the given deviations for H and W.

Figure 2. (a) Schematic of the microfluidic device and (b) an example of two subsequent images with speckle patterns used
in PIVlab to extract velocity fields. Drops are moving from the left to the right.

The channel width was estimated from video recordings of drops moving inside the
channel. To measure the channel height, several control devices were sealed with a PDMS
slab of 1 mm thickness attached to a glass slide. The devices were filled with silicone
oil and, after 1 week, 1 month, and 2 months, were cut from the glass, then cut in slices
perpendicular to the channels and the channel depth was measured using a microscope.
The changes in channel height over time were within the error for each measurement, thus,
it appears that the height is less prone to changes due to swelling than channel width.

Drops were formed in the flow-focusing cross-junction. Liquids were supplied to
the junction by syringe pumps (Al-4000 (World Precision Instruments)) equipped with
5 mL plastic syringes (Fisher). The length of drops was varied in the range of W–1.4W
for all studied compositions. The size of drops was regulated by changing the flow rate
of both dispersed, Qd, (6–13 µL/min) and continuous, Qc, (2 × 2–5 µL/min) phase at
the cross-junction. After any change in flow rate, the flow was allowed to stabilize for at
least 5 min before the measurements were started. The flow fields inside the drops were
measured in the output channel after the T-junction. To make measurements under the
same flow conditions, a compensating amount of continuous phase was added through
an auxiliary channel at a downstream T-junction to maintain a constant flow rate in
the observation channel of 32 µL/min. At this flow rate, the superficial flow velocity,
VS = 9.2 mm/s, and capillary number, Ca, based on the superficial flow velocity and
viscosity of continuous phase,

Ca =
µcVS

σ
= 0.013,

where µc is the viscosity of the continuous phase and σ is the interfacial tension. The
Reynolds number,

Re =
ρcVsW

µc
∼ 0.06 << 1,

where ρc is the density of continuous phase. The volume fraction of dispersed phase,
Qd/(Qd + Qc) < 0.5; therefore, drops can be considered as hydrodynamically isolated [21].
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Flow fields were measured always in the same position at a distance of ~10 W (within
the window of 3.3–3.8 mm) from the T-junction, as indicated by the red box in Figure 2a.
All flow patterns inside the studied drops were completely symmetrical, confirming that
this distance was large enough to eliminate all possible distortions imposed by the junction.
The distance between the cross-junction, where drops were formed, and the T-junction is
5.62 mm. Considering that the superficial velocity in the channel leading to the T-junction
is smaller than that in the output channel, drops reach the observation field one at a time,
t > 1 s. This is the characteristic time for surfactant adsorption in this study.

Flow fields inside the dispersed phase were studied using Ghost Particle Velocimetry
(GPV) [40–43]. This method uses the speckle patterns of white light scattered by particles
smaller than the diffraction limit as flow tracers; in this study, polystyrene particles of
200 nm diameter (10% solid, Sigma Aldrich, Salisbury, UK, product number 69057) were
used. The dispersion of nano-particles was diluted by the dispersed phase at a ratio of
1:50 (v:v). The moving drops were recorded by a high-speed video camera (Photron SA-5)
connected to an inverted microscope (Nikon Eclipse Ti2-U) at 10,000 fps, with an exposure
time of 0.04 ms and at 40× magnification giving an image resolution of 0.5 µm/pixel. The
observed speckle size is defined by the light wavelength, λ, and the numerical aperture of
the condenser, NAC, δx ∼ λ

NAC
.

The resolution in the direction of the optical axis, i.e., the thickness of the layer
contributing to the speckle pattern, δz ∼ λ

NA2
C

.

The mean wavelength of the microscope light source is λ ~ 500 nm, and the numerical
aperture was adjusted to ~0.2, resulting in δx ~ 2.5 µm and δz ~ 12.5 µm. Comparison of
this latter value with the channel height shows that moving the focal plane inside the drop
enables the probing of the flow fields in several cross-sections over the channel height. In
particular, the flow fields were recorded at the middle plane of the channel and at distances
of 20, 40, 60 and 80 µm from it. The flow fields were similar for both the top and bottom
parts of the channel, but the level of noise was smaller for the top part; therefore, the images
from the top part were mostly used in GPV. The cross-section at 80 µm is very close to the
channel wall; therefore, the layer of nanoparticles contributing to the speckle pattern was
smaller. In this case, the flow field was averaged over a larger number of frames than for
other cross-sections, to obtain a reliable velocity distribution. For each set of parameters, at
least three drops were recorded, with at least 100 frames in each recording.

Images were pre-processed using the freeware package ImageJ [44], by subtracting the
average background contribution to obtain visible speckle patterns; examples are shown in
Figure 2b. The flow fields were then extracted from image sequences using PIVlab 2.36 for
MATLAB [45].

3. Results and Discussion
3.1. Surfactant-Free Drops

Figure 3 shows the flow fields in a Lagrangian frame, moving with the drop, within
a surfactant-free drop moving inside the channel. This was obtained by subtracting the
average drop velocity from the Eulerian (stationary) GPV flow fields, which are shown
in the Supplementary Materials, Figure S1. In the middle plane cross-section (Figure 3a),
the velocity at the front and rear is similar to the drop velocity, leading to the respective
stagnation points in the Lagrangian frame. The velocity near the side walls of the channel
(top and bottom of the drop image) is smaller than the drop velocity, due to retardation
from the thin film of continuous phase separating the dispersed phase from the walls. The
largest velocity, ~30% higher than the drop velocity, is observed in the central part of the
drop. Analysis of the velocity gradients around the stagnation points reveals that, at the
front stagnation point, liquid moves up and down from the middle plane, whereas at the
rear stagnation point, liquid moves into the middle plane from the top and bottom of the
channel. The sink and source in the middle plane indicate the presence of a recirculatory
flow in the drop cross-section, parallel to the side walls, with flow moving in the direction
of drop motion around the middle plane and in the opposite direction near the top/bottom
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wall. These will hereafter be referred to as vertical vortices. The larger velocities close
to the interface in the areas indicated by arrows are due to interactions with the slugs of
continuous phase separating the drops and with the corner flow.

Figure 3. Flow fields inside a surfactant-free drop in the co-ordinate frame moving with the drop: (a) drop cross-section
corresponding to the middle plane of the channel, (b) cross-section at 40 µm from the middle plane, (c) 60 µm, (d) 80 µm.
Drop length L = 396 ± 3 µm, drop velocity Vd = 10.7 ± 0.3 mm/s. Total flow rate Q = 32 µL/min The velocity on color
scales is given in mm/s.

Moving 20 and 40 µm from the central plane yields no noticeable change in flow
pattern (Figure 3b), although the velocity difference across the drop decreases. Firstly, at
a cross-section of 40 µm, the flow near the side walls reverses: the velocity here becomes
slightly larger than the drop velocity, due to the larger distance to the wall and the transition
of the continuous phase from film flow to the corner flow. Secondly, the velocity in the
central part of the cross-section becomes smaller, because this cross-section is closer to the
stagnation plane of the vertical vortices.

Measurements taken at 60 µm from the middle plane show a complete change of the
flow pattern (Figure 3c), with the velocity in the inner part becoming close to the drop
velocity, whereas that at the sides becomes much larger, due to drag from the continuous
phase corner flow. This cross-section demonstrates the complexity of the interaction
between the vertical and horizontal vortices. As the flow in the central part of this cross-
section is still in the direction of the drop motion, it can be concluded that the stagnation
plane for vertical vortices is closer to the top/bottom wall.

Measurements made in the cross-section close to the top/bottom wall (80 µm) show a
well-developed return flow for the vertical vortices, and clear recirculation in the horizontal
plane, where the liquid flowing in the direction of drop motion near the side walls returns
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in the middle of the cross-section (Figure 3d). The velocity due to corner flow is smaller in
this cross-section, but the difference between the minimum and maximum velocity within
this plane becomes even larger than that for the middle plane.

These findings show that for a channel aspect ratio close to 0.5 and a total flow rate
Q = 32 µL/min (Ca = 0.013), the bulk flow field inside surfactant-free drops is formed by a
pair of vertical vortices, resulting from the interaction of the pressure-driven drop motion
within the channel and retardation stress from the top/bottom wall, a pair of horizontal
vortices near the side walls, and two pairs of vortices caused by the accelerating action of
the fast-moving continuous phase corner flow. The last vortices are expected to develop on
the diagonal planes of the channel.

The intensity of the recirculation within the horizontal vortices near the side walls
increases with an increase in the drop length. The vortices disappear as the drop length
falls below the channel width. With this exception, the flow topology remains the same
over the studied range of drop lengths. Note, this topology is accompanied by interfacial
recirculatory flows: in the Lagrangian frame, the interfacial velocity near the walls is nega-
tive, whereas that in contact with the corner flow of continuous phase is positive, as shown
in Figure 1. This is the essential difference between the interfacial flow accompanying the
drop movement in rectangular channels from that in a cylindrical channel or an unbounded
liquid, where the interfacial flow is unidirectional and acts to sweep surfactant, if present,
to the rear part of the drop.

A similar 3-D flow structure was reported in [23] for a drop with L = 2W, moving in
a channel of 100 × 58 µm with VS = 0.257 mm/s (Ca was not reported), whereas a more
complicated flow pattern, with additional pairs of vortices at the front and rear of the drop,
was observed in [25] for L = 1.58W, channel size ~ 100 × 100 µm, VS = 5 mm/s, Ca = 0.005.
The difference in the flow patterns between the present study and [25] is probably related
to the difference in the channel aspect ratio and to the large difference in the viscosity ratio,
µd/µc, which was 0.125 in the present study and 2.625 in [25].

Under conditions quite similar to the present study, a transition in the flow patterns
in the middle plane, from one with relatively low velocity in the central part of the cross-
section to one with much higher velocity, was observed in [27] at Ca = 0.038. Considering
that the addition of surfactant in this study increases the value of the capillary number
up to Ca = 0.1, based upon the lowest value of equilibrium interfacial tension, flow fields
inside surfactant-free drops were studied additionally at flow rates of 64 and 96 µL/min
(Ca = 0.026 and Ca = 0.040), to distinguish between the effect of the lowering of the
equilibrium interfacial tension and the effect of surfactant dynamics. A considerable
change in flow pattern was observed already at Ca = 0.026. The change becomes even more
pronounced at Ca = 0.04 (Figure 4). The flow pattern in the middle plane at Ca = 0.04 was
similar to that observed in [27] after the transition.

An increase in the capillary number results in larger drop deformation: drop width
decreased from 343 µm at Ca = 0.013 to 315 µm at Ca = 0.026, at the same drop length of
431 µm. The consequential increase in the thickness of liquid films separating the drop
from the walls causes a considerable decrease in film resistance and, thus, redistribution
of the continuous phase flow between films and corners. As a result, the velocity of the
corner flow decreases and becomes similar to the drop velocity (Figure S2, Figure 4, top
panel). The flow inside the drop at Ca ≥ 0.026 is then dominated by two vertical vortices,
and the interfacial flow is directed from the front to the rear of the drop. The diminished
importance of corner flow with an increase in the capillary number is in line with theoretical
predictions [18–20]. The velocity in the areas indicated by arrows in Figure 3a is still larger
than the drop velocity in Figure 4, but the difference is much smaller than in Figure 3
because there is no longer a contribution from the corner flow. In the corner flow vortices,
the liquid velocity is larger than the drop velocity on the surface, and smaller than the drop
velocity near the drop axis, i.e., the rotation direction in the corner flow vortices is opposite
to the vertical and horizontal vortices and retards them. That is why the disappearance of
corner flow vortices causes a larger velocity in the central part of the drop.
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Figure 4. Flow fields inside a drop in the co-ordinate frame of the drop: top panel, surfactant-free, total flow rate
Q = 96 µL/min, Ca = 0.040, drop length L = 430 ± 20 µm, drop velocity Vd = 34.1 ± 0.8 mm/s, (a)—middle plane,
(b)—60 µm from the middle plane, (c)—80 µm; bottom panel, C10TAB, 1.5 cmc, Q = 32 µL/min, Ca = 0.037, drop length
L = 397 ± 6 µm, drop velocity Vd = 11.1 ± 0.3 mm/s, (d)—middle plane, (e)—60 µm from the middle plane, (f)—80 µm.
The velocity on color scales is given in mm/s.

3.2. Surfactant Properties

The dependence of interfacial tension between the aqueous phase and silicone oil
on the surfactant concentration is presented in Figure 5. The data were fitted to the
Szyszkowski–Langmuir equation of state:

σ = σ0 − RTΓ∞ln(1 + bc) (1)

Figure 5. Concentration dependence of interfacial tension between solutions of surfactants in the
glycerol/water mixture and the silicone oil.
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This is directly related to the Langmuir adsorption isotherm:

Γ = Γ∞
bc

1 + bc
(2)

where σ is the equilibrium interfacial tension at a bulk concentration of the surfactant c, σ0
is the interfacial tension of a surfactant-free system, R is the universal gas constant, T is the
absolute temperature, Γ∞ is the maximum adsorption, Γ is the equilibrium adsorption at
concentration c, and b is the adsorption constant. The parameters of Equations (1) and (2),
Γ∞ and b, together with the values of critical micelle concentration (CMC) and interfacial
tension at CMC found in Figure 5, are collected in Table 2. The CMC values for ionic
surfactants in the water/glycerol mixture are larger than for solutions in water [46], which
is in line with other studies [47,48]. CMC for Triton X-100 is also larger than data from the
literature [46] and from the supplier for solutions in water, 0.6 mM.

Table 2. Properties of surfactants used.

Surfactant CMC,
mol/m3

σ at CMC,
mN/m Γ∞, mol/m2 b, m3/mol

hD at CMC,
µm D, m2/s

tD at CMC,
ms

C10TAB 90 12.1 5.7·10−6 4.46·10−2 0.063 1·10−10 0.04
C12TAB 21 10.4 8.0·10−6 1.085·10−1 0.38 9·10−11 1.6

Triton X-100 0.95 4.2 2.0·10−6 3.66·102 2.1 6·10−11 74
Tween 20 0.01–0.06 4.4 3.1·10−6 5.66·103 310–52 4·10−11 (2.4–0.07)·106

A range of concentration values for the CMC of Tween 20 is given in Table 2 because the
rate of change of interfacial tension with concentration reduces markedly at concentrations
above 0.01 mM and then flattens off at 0.06 mM. Tween 20 can contain a mixture of
homologs with various numbers of ethylene oxide units, with the average number being 20.
It can be assumed that various homologs begin to form micelles at different concentrations,
and this is the reason that the slope reduces over a concentration range. A similar change
in the slope of σ (c) was found in [49] at the interface of aqueous solution with toluene,
whereas it was absent at the interface with air. Moreover, it was found in [49] that the CMC
decreases if the aqueous phase is in contact with toluene. This decrease was ascribed to
toluene dissolution in water. Considering that glycerol is less polar than water, the presence
of glycerol can result in a decrease in CMC for Tween 20. The CMC value of 0.06 mM
is in line with the values for water provided by the supplier and found in the literature
(see [49] and references therein). Obviously, the part of the curve above 0.01 mM cannot be
described by Equation (1). Therefore, the isotherm parameters for Tween 20 in Table 2 are
valid only for concentrations ≤0.01 mM, although in what follows, 0.06 mM is accepted as
the value of CMC.

Considering the dynamic character of the moving drop interface, as well as the short
timescales of microfluidic processes, the characteristic timescale of surfactant adsorption is
an important parameter for this study. Comparison of the adsorption timescale with drop
age at the observation point (1 s) shows whether the equilibrium interfacial tension has
been reached. Comparison with the characteristic timescale of drop surface deformation
will show whether additional dynamic effects can be expected. The timescale of drop
surface deformation can be estimated from the gradients of surface velocity. Figure 3 shows
that the velocity changes along the surface are of the order of 3 mm/s and occur at the
length scale L/2–L/4. This gives the timescale of surface deformation as being around
20–30 ms.

Diffusion-controlled adsorption kinetics are assumed here as typical for non-polymeric
surfactants. It was found in [50] that the kinetics of CnTAB surfactants can be described
reasonably well by a diffusion model, using the Frumkin isotherm. The best agreement
between theory and experiment for the kinetics of surfactant adsorption at the water/air
interface was found for an isotherm accounting for compressibility of the surfactant adsorp-
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tion layer. Fitting data in Figure 5, using the Frumkin compressibility model, shows that
for the aqueous/silicone oil interface, the best fit corresponds to the Frumkin interaction
parameter equal to zero for both ionic surfactants (i.e., the Langmuir model) with compress-
ibility ε = 0 for C12TAB and ε = 0.001 for C10TAB. The difference in the values of isotherm
parameters for the simple Langmuir model, Equations (1) and (2), and the compressibility
model is within 3% and, thus, can be neglected. Diffusion-controlled kinetics was suc-
cessfully used in [49] to describe the dynamic surface and interfacial tension of Tween
20. For Triton X-100, adsorption kinetics at the water/air interface can be described as
diffusion-controlled if a more sophisticated adsorption isotherm accounting for molecular
reorientation at the interface is used; however, acceptable results were obtained with the
Frumkin model [51]. Fitting data in Figure 5 with the Frumkin model gives an interaction
parameter of −0.4, and the value of Γ∞ is only 4% larger than that presented in Table 2.
Therefore, using diffusion-limited adsorption kinetics is justified also for Triton X-100. The
characteristic length scale for adsorption, hD, can be estimated as a thickness of a solution
layer containing the number of molecules necessary to form an adsorption layer [52]:

hD =
Γ
c

(3)

The characteristic diffusion time scale, tD, can be estimated as:

tD =
h2

D
D

=
Γ2

Dc2 (4)

where D is the diffusion coefficient.
Diffusion coefficients of the surfactant monomers in the water/glycerol mixture were

calculated using the Wilke–Chang correlation [53,54] for individual liquids (water and
glycerol) as:

DAB =
7.4 × 10−8(ϕMB)

1
2 T

µBV0.6
A

(5)

where DAB is the diffusion coefficient of solute A in solvent B in cm2/s, MB is the molecular
mass of solvent in mol/cm3, µB is the viscosity of solvent in cP = mPa·s, VA is the molar
volume of solute at its normal boiling temperature in cm3/mol, φ is the association factor
of the solvent, with 2.6 for water and 1, non-associated solvents. VA was estimated using
the Le Bas method [53,54].

The diffusion in water/glycerol mixture was calculated as [55]:

DAG_W =
XW DAWµ0.8

W + XGDAGµ0.8
G

µ0.8
G_W

(6)

where X is the molar fraction of a component in a mixture, and subscripts W, G and G_W
mean water, glycerol and glycerol/water mixture.

At concentrations above the CMC, micelles provide an additional contribution to
surfactant mass transfer. In this case, an apparent diffusion coefficient, D*, can be calculated
as [56];

D∗ = D(1 + β)
(

1 + βn−1/3
)

(7)

where β = (c − CMC)/CMC) and n is the micelle aggregation number.
Characteristic diffusion lengths and timescales for the surfactants used in this study,

at a concentration equal to the CMC, are presented in Table 2. The validity of calculated
timescales is supported by Figure 6, where the dynamic surface tension (aqueous phase/air)
is presented for surfactant solutions at the CMC in the glycerol/water mixture (a concentra-
tion of 0.06 mM was taken for Tween 20). The characteristic timescale of adsorption should
be rather similar for both aqueous/air and aqueous/SO interfaces, because the surfactant
diffusion coefficient and concentration (CMC) included in Equation (4) are the same, and
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the values of maximum adsorption presented in Table 1 are quite close to those for an
air/water interface (see, for example, [46]). Figure 6 shows a very short adsorption time for
both ionic surfactants, with equilibration time being below the timescale of measurement.
For TX-100, Figure 6 shows an equilibration time below 1 s, whereas for Tween 20 it is
much larger than the time of measurement. At a timescale of 10 s, the surface tension is
only slightly smaller than the surface tension of a surfactant-free glycerol/water mixture.

Figure 6. Dynamic surface tension of surfactant solutions in the glycerol/water mixture at concentrations equal to CMC
values. A concentration of 0.06 mM is used for Tween 20. For C10TAB and C12TAB, the equilibrium surface tension was
reached at t < 0.01 s, for Triton X100 it was reached at t ~ 1 s; for Tween 20, surface tension was far from equilibrium at
t = 10 s.

For ionic surfactants with high values of CMC, the characteristic length of scales are
much smaller than the drop size, and the characteristic timescale is much smaller than both
the drop age at observation and the characteristic time of surface deformation. Therefore,
for those two surfactants, no dynamic effects are expected. Moreover, the convection within
the drop will hardly accelerate the adsorption kinetics.

For Triton X-100, the characteristic adsorption timescale is slightly smaller than the
observation time, but longer than the characteristic time of surface deformation; therefore,
interfacial tension should be close to the equilibrium interfacial tension at the time of
observation, but one can expect dynamic effects related to the surface deformation. Due to
complicated flow patterns inside the drop, it is difficult to estimate the characteristic length
of the diffusion boundary layer and corresponding characteristic diffusion time. A very
rough estimation, based on [57], gives the value of an order of L/Vd ~ 40 ms. This time
is of the same order of magnitude as the adsorption time of diffusion-controlled kinetics.
Therefore, for Triton X-100, convective mass transfer contributes to the total mass transfer,
although it should have no significant importance.

For Tween 20, the characteristic adsorption timescale is very large (around 70 s for
concentration 0.06 mM and around 40 min for a concentration of 0.01 mM) and the char-
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acteristic adsorption length is comparable to the drop size. This affects both equilibrium
and dynamic surface tension. First of all, the convection within the drop of Tween 20 so-
lution should be important for adsorption acceleration because the convection removes
depleted solution adjacent to the interface and replaces it with a surfactant-rich solution
from the drop bulk. The characteristic time related to the diffusion boundary layer is
noticeably smaller than the drop age at the observation point; therefore, even for this
slowly equilibrating surfactant, drops are expected to reach the equilibrium interfacial
tension at the observation point. However, this time is of the same order of magnitude as
the drop deformation time and, thus, the dynamic effects related to surface deformation
can be observed.

As the diffusion length scale for Tween 20 is close to the drop size, a substantial
depletion of the surfactant from the bulk due to adsorption is expected. At equilibrium,
surfactant mass balance can be written as:

c = c0 −
S
V

Γ (8)

where c is the surfactant concentration after adsorption is completed, c0 is the initial
surfactant concentration, S is the drop surface area, V is the drop volume and Γ is the
equilibrium adsorption value. The smaller the drop size, the larger the area/volume ratio
and, thus, the larger the proportion of surfactant transferred from the bulk to the interface.
At c = CMC, Γ ~ Γ∞. It is easy to estimate that for a drop of 350 µm size in the plane of
observation laden with Tween 20 (Γ∞ ~ 3.1 × 10−6 mol/m2) at concentrations above CMC
c0–c ~ 0.07 mM, which is larger than the CMC value. To get a surface concentration close to
Γ∞, the initial concentration of Tween 20 in the dispersed phase should be at least 0.08 mM.
Therefore, the depletion of surfactants from the bulk phase due to adsorption is essential
and should be always taken into account. This effect becomes smaller with an increase in
CMC value. It is still noticeable for TX-100, but it can be neglected for ionic surfactants
with CMC > 1 mM.

There is, however, another source of depletion for ionic surfactants. According to the
supplier (Sigma Aldrich), the nanoparticles used in this study are carboxylate-modified,
i.e., their surface is negatively charged, due to the presence of free carboxy groups. It is,
therefore, expected that the cationic surfactants used in this study, C10TAB and C12TAB,
will adsorb onto the surface of the nano-particles due to electrostatic attraction. If the same
adsorption density for the liquid/liquid and liquid/solid interface is assumed, there can
be a depletion of surfactant from the bulk up to 1 mM at CMC; this is less than 5% of
surfactant for C12TAB and slightly more than 1% for C10TAB and, thus, such depletion can
be neglected.

3.3. Surfactant-Laden Drops

The addition of a surfactant with a large CMC value and a short equilibration time,
such as C10TAB and C12TAB, changes the flow pattern in a similar way to that observed
with an increase in flow rate. As the surfactant concentration increases and the interfacial
tension decreases, the drop deforms more. There is a consequent increase in the thickness
of the continuous phase liquid film between the drop and the wall and thus the corner
flow slows down. Transition to the flow pattern dominated by two vertical vortices was
observed above the critical capillary number. The similarity of flow patterns between the
surfactant-laden and surfactant-free cases, at similar values of capillary number, is clear
from a comparison of the top and bottom panels in Figure 4.

The transition in the flow patterns is accompanied by a change of the drop shape
from bullet-like, with a large difference in curvatures between the front and rear of the
drop, to nearly symmetrical (compare Figures 3 and 4, see Figure S3 for comparison with
C10TAB-laden drops of 80 mM and 120 mM) and a noticeable, ~10%, increase in the
drop velocity.
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In the absence of corner flow, the interface stretches at the front of the drops and
contracts at the rear of the drop, i.e., the surfactant is being swept to the rear part of the
drop. However, for C10TAB and C12TAB surfactants, the equilibration time (0.01 and 0.9 ms,
respectively) is much shorter than the characteristic time of surface deformation (~20 ms).
Therefore, for these surfactants, the effect of surface deformation is negligible and minimal
depletion of surfactant from the interface would be expected.

There is an important effect of surfactant concentration on the relative velocity differ-
ences within the horizontal cross-section of the drop. Figure 7 presents the dependence of
the difference between the maximum and minimum velocity in the middle plane (taken in
the Eulerian frame) normalized by drop velocity, on the drop size normalized by channel
width. As expected, the velocity difference increases with an increase in the drop length,
because of the stronger effect of the channel wall. As shown in Figure 8, an increase in the
drop length results in a decrease in minimum velocity in the middle cross-section, which is
the velocity near the wall, but it also results in an increase in maximum velocity, meaning
an increased recirculation in vertical vortices. For the same reason, the difference decreases
with an increase in surfactant concentration: the drop becomes more deformable and, at
the same length, the drop width and the retarding effect of the continuous phase film be-
come smaller, i.e., the minimum velocity in the middle cross-section increases considerably
(Figure 8). There is also some increase in the maximum velocity, which can be ascribed to
the decreased intensity of recirculation in the corner flow vortices and, thus, its retarding
effect of vertical vortices.

Figure 7. Dependence of normalized velocity difference in the middle plane on normalized drop length for surfactant-free
dispersed phase and various concentrations of C12TAB. Q32 corresponds to the total flow rate Q = 32 µL/min, and Q64
corresponds to the total flow rate Q = 64 µL/min.
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Figure 8. Dependence on the minimum and maximum velocity in the middle drop cross-section, normalized by the drop
velocity on the drop length, normalized by the channel width for various concentrations of C12TAB. Filled symbols are for
maximum velocity and empty symbols are for minimum velocity.

At further increases in concentration, after a transition to the regime without corner
flow, the velocity difference grows sharply, and for large drops, it exceeds the drop velocity
(Figure 7). Thus, the addition of a fast-equilibrating surfactant can considerably increase
the shear stresses inside the drop. The sharp increase in the velocity difference is caused
by a further increase in the maximum velocity, but also by a considerable decrease in
the minimum velocity (Figure 8). This might be thought of as counterintuitive, but can
be explained by considering the interaction between surface flow in the corners and the
horizontal vortices. Due to the channel aspect ratio, the area of the drop in contact with side
wall films is small and, thus, corner flow has a noticeable accelerating effect on the velocity
of the film. After transition to the regime with negligible corner flow, this acceleration
disappears and the flow in the films becomes slower.

The addition of a surfactant with a slower equilibration rate, such as Triton X-100,
also results in a change of flow patterns within a drop, but as is shown in Figure 9, this
change is very different from that which was previously observed for C10TAB and C12TAB.
In this case, the corner flow becomes increasingly important, and flow in the middle of
the drop is reversed, so the recirculation patterns related to the corner flow are clearly
visible in each cross-section. The concentration at transition is far below the CMC for Triton
X-100; the drop has the bullet shape with a larger curvature at the front, and smaller at
the rear of the drop, and the drop velocity is similar or even a little smaller than that for a
surfactant-free-drop.



Colloids Interfaces 2021, 5, 40 16 of 21

Figure 9. Flow patterns within the drop laden with Triton X-100, at a concentration of 0.3 mM ~ 0.3 CMC. Drop length
L = 392 µm, total follow rate Q = 32 µL/min, drop velocity Vd = 9.6 mm/s, (a)—middle plane, (b)—40 µm from the middle
plane, (c)—60 µm, (d)—80 µm.

A similar transition was observed for Tween 20. As shown in Figure 10, with an
increase in surfactant concentration, the flow velocity in the central part of the middle
plane decreases, due to the growing retarding effect of the corner flow, and flow reversal
occurs at a concentration of 3 CMC = 0.18 mM. The flow patterns remain unchanged for a
further concentration increase from 3 to 30 CMC. Unlike the flow in the central part, the
symmetrical areas of large flow velocity at the front and rear parts of the drop, which are
related to the interaction of the drop flow field with the continuous phase (mostly the corner
flow (compare Figures 4, 9 and 10)), remain in place with an increase in concentration.
The flow distribution in the various cross-sections is similar for Triton X-100- and Tween
20-laden drops, as illustrated by a comparison of Figure 9 and Figure S4.

To verify that the flow patterns depend on dynamic effects related to the surfactant
redistribution, rather than on interfacial tension at the time of drop observation, the velocity
fields in two similar drops, laden with Tween 20 and C12TAB, were compared. The chosen
drops have the same length, L = 368 µm, are moving with the same velocity, Vd = 9.8 mm/s;
moreover, they have the same shape in the middle plane of observation, as shown in
Figure 11a. This suggests that the interfacial tension is the same for the two drops, i.e., the
interfacial tension for the Tween-laden drop is ≥19.1 mN/m, considerably higher than
the equilibrium interfacial tension at this concentration (even accounting for surfactant
depletion from the bulk). This agrees with the high value of characteristic diffusional
adsorption time given in Table 2 and shows that, probably, the thickness of the adsorption
layer inside the drop was underestimated, or that adsorption kinetics are not purely due
to diffusion. Despite the similar (dynamic) interfacial tension, the flow patterns inside
the two drops are very different (compare Figure 11b,c); thus, the changes in flow fields
observed inside Tween 20-laden drops are due to dynamic effects caused by surfactant
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redistribution. As patterns within Tween 20- and Triton X-100-laden drops are similar, we
assume that dynamic effects are also of importance for the Triton X-100-laden drops.

Figure 10. Flow patterns in the middle plane of a drop moving inside the channel depending on Tween 20 concentration in
the coordinate system moving with the drop. Surfactant concentration is shown at each panel. Velocity on the color bar is
given in mm/s. Drop velocities Vd = 10.1 ± 0.3 mm/s, drop lengths L = 384 ± 3 µm.

Figure 11. Comparison of C12TAB- and Tween-laden drops: (a) contours of drops, blue C12TAB, 10 mM (0.5 CMC); red
Tween 20, 0.6 mM (10 CMC); (b) flow field in the middle plane of C12TAB drop; (c) flow field in the middle plane of Tween
20 drop. Drop length L = 368 µm, drop velocity Vd = 9.8 mm/s.

As was mentioned earlier (see Figure 1), the interfacial flow near the walls is directed
towards the rear of the drop, resulting in interface expansion at the front and contraction
at the rear. The corner flow is oppositely directed and causes contraction at the front and
expansion at the rear. Considering (see Figure 3) that the absolute values of the flow near
the walls is larger than the corner flow and applies over the larger part of the perimeter
of the surface element in the frontal part of the drop, it is a plausible assumption that the
interface expands at the frontal part of the drop and contracts at the rear part of the drop,
even in the presence of the corner flow. This results in the interfacial tension being larger
at the front and smaller at the rear, facilitating the corner flow and suppressing the flow
near the walls. For a slowly equilibrating surfactant, the gradient cannot be eliminated by
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surfactant adsorption from the bulk and, thus, a flow pattern with a dominant corner flow
is observed.

These results are in line with previous numerical simulations on surfactant-laden drops
moving in a square channel [33], although the values of the Peclet number, Pe = HVS/D,
that were given were much smaller than in the present study. According to [33], gradients
of interfacial tension over the drop surface greatly depend on the Damkohler number,
Da = Γ∞/Hc, and become negligible at Da < 0.01. Γ∞ is of the same order of magnitude for
low molecular mass surfactants, including those used in this study (Table 2), whereas the
concentrations providing noticeable changes of interfacial tension vary over several orders
of magnitude. At CMC, for C10TAB and C12TAB, Da ~ 10−3 and, thus, dynamic effects
due to surfactant redistribution are negligible, whereas these effects become significant
for Triton X100 (Da ~ 0.013) and especially for Tween 20 (Da ~ 0.3). As the Damkohler
number decreases with an increase in surfactant concentration, the transition to flow
patterns, as presented in Figure 4, can be expected at large enough concentrations of slowly
equilibrating surfactants. Such concentrations were not achieved in this study, due to
wetting problems on the channel walls.

Flow patterns similar to those presented in Figure 9 and in the bottom panel of
Figure 10 were observed in the presence of 1 wt % Span 80 in continuous phase at
Ca = 5.1·10−2 [27]. At larger capillary numbers, the surfactant-laden flow field in the
middle plane, as reported in [27], was similar to that in Figure 4. It was found in [28],
where the surfactant Span 80 was present in the continuous phase at concentrations smaller
than in [27] (0.15–0.25 wt %) that the flow in the middle plane of the drop is directed from
the front to the rear in the central part (similar to Figures 9 and 10) and from the rear to
the front near the walls. Note, the opposite direction was reported in other studies on
surfactant-free [22,23,25–27] and surfactant-laden [22] flows. Considering that Span 80 is a
slowly equilibrating surfactant, it can be assumed that the presence of slowly equilibrated
surfactant in the continuous phase has a similar effect on flow patterns inside the drop,
as when the surfactant is present in the dispersed phase. It could be the case that, at
concentrations of 0.15–0.25%, the accelerating effect of the Marangoni stresses is large
enough to overcome the wall resistance and force the liquid near the wall to flow in the
direction of drop movement, but this problem requires further comprehensive study.

4. Conclusions

Flow patterns inside surfactant-free and surfactant-laden drops, moving in a rectan-
gular microfluidic channel with an aspect ratio of 0.48, were studied using ghost particle
velocimetry over a range of capillary numbers from 0.01–0.1. The viscosity ratio between
the dispersed and continuous phase was fixed at 0.12. Four different surfactants, covering
the CMC values 0.06–90 mM, were studied over a range of concentrations, from 0.1 to
10 CMC. Drop length varied in the range of 1–1.4 of the channel width.

Interfacial tension between surfactant solutions in a 52% glycerol/48% water mixture
(dispersed phase) and silicone oil, used as the continuous phase, was measured to deter-
mine the values of CMC and parameters of Langmuir adsorption isotherm for all studied
surfactants. The characteristic adsorption time for these surfactants was calculated and
compared with the characteristic time of drop deformation.

For surfactant-free drops, flow patterns at Ca = 0.013 consisted of two symmetrical
vortices near the side walls, two larger vertical vortices, due to interactions with the
top/bottom wall of the channel, and four symmetrical vortices, due to corner flows. At
Ca = 0.04, the corner flows were suppressed by larger drop deformation and a decrease in
the difference in hydrodynamic resistance between the films and corners. The flow pattern,
in this case, was dominated by the vertical vortices.

For surfactants with an equilibration rate considerably faster than the characteristic
time of surface deformation, C10TAB and C12TAB, no dynamic effects were observed and
the change in flow pattern was governed by the change of capillary number, due to a
change of equilibrium interfacial tension. The flow pattern at Ca = 0.04 was the same,
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independent of whether the change in capillary number was due to a change in velocity or
in interfacial tension.

For drops containing slowly equilibrated surfactants, Triton X-100 and Tween 20,
transition to flow pattern dominated by corner flow was observed as the surfactant con-
centration was increased. Flow-mediated surface deformation should in this case lead to
non-uniform surfactant distribution and Marangoni stresses accelerating the corner flow.
The transition was observed at a much smaller concentration (in terms of CMC) for Triton
X-100 than for Tween 20.

The analysis of flow patterns in this study is based on a comparison of the timescale
of deformation of the drop surface and the timescale of surfactant adsorption, based on
diffusion-limited adsorption kinetics. Such a comparison is rather approximate, but it
provides a simple criterion for the effect of surfactant on flow patterns in rectangular
channels: if the characteristic time of surfactant adsorption at CMC is much smaller than
the characteristic time of deformation, surfactant presence suppresses the effect of corner
flow; in the opposite case, the surfactant amplifies the effect of the corner flow. The
characteristic timescale of surface deformation can be very roughly estimated as L/4Vd.
For a deeper understanding of the surfactant effect and a more precise criterion, the effect
of convection inside the drop on surfactant redistribution should be considered in more
detail, which is possible only within high fidelity numerical simulations. Such simulations,
offering scope for future work, can also account not only for purely diffusion-limited, but
also mixed adsorption kinetics, in particular those related to the electrostatic barrier for the
adsorption of ionic surfactants.

Supplementary Materials: The following are available online at https://www.mdpi.com/article/10
.3390/colloids5030040/s1, Figure S1: Flow fields inside a surfactant-free drop in the co-ordinate frame
of channel: (a) drop cross-section corresponding to the middle plane of channel, (b) cross-section
at 40 µm from the middle plane, c –60 µm, d –80 µm. Drop length L = 396 ± 3 µm, drop velocity
Vd = 10.7 ± 0.3 mm/s. The velocity on color scales is given in mm/s, Figure S2: Flow fields inside a
surfactant-free drop in the co-ordinate frame of drop. Total flow rate Q = 64 µL/min. Drop length
L = 434 ± 5 µm, drop velocity Vd = 21.9 ± 0.5 mm/s. The velocity on color scales is given in mm/s,
Figure S3: Comparison of flow patterns inside the drops laden by C10TAB: top panel c = 80 mM,
Ld = 391 µm, Vd = 10.6 mm/s; bottom panel c = 120 mM, L = 387 µm, Vd = 11.4 mm/s. The velocity
on color scales is given in mm/s, Figure S4: Flow fields in various cross-sections of 10 cmc (0.6 mM)
Tween 20 drop, L = 372 µm, Vd = 9.7 mm/s. The velocity on color scales is given in mm/s.
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